Cau l.
1. Khao sat sv bién thién vavé do thi ham so
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Vi lim ==—néntiém canngang lay = =
x50 2X +3 2 2
Vi Ilim X+2=+oo; lim X+2:—oo nén tiém can dieng lax = -
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Bang bién thién:

V& do thi: o thi ct Oy tai (o;gj VA Cit Ox tai (-2: 0)
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2. Tacd y':ﬁ nén phuong trinh tiép tuyén tai x =x, (V@i X, ¢—g) &

y - (%) = F(X0)(X -X%,)

=X +2x§+8x0+6
(2%, +3)° (2%, +3)?
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Do do tiép tuyén cat Ox tai A( 2x2 +8x, +6;0)

2X; +8X, +6

va cét Oy tai B(O;
y tai B( (2%, +3)?

)

Tam giac OAB cantai O < OA = OB (véi OA > 0)

2X; +8%,+6

S [xa|=lys| & ‘2x§+8x0+6‘: 213
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Xo = -1(L)

& (2%, +3) =1 2X,+3=*1l
X, = —2(TM)

Voi x,=-2 tacOtiéptuyny = -x — 2

Caull.



. 1 X;t—E+k2n;X¢ﬂ+k2n
Sinx # —= 6
1. bPKXDP: 2
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sinx #1 X¢§+2ln

Phuong trinh< cosx - 2sinxcosx = J3 (1-sinx + 2sinx — 2sin’x)
& cosX — Sin2x = +/3+ /3sinx - 24/3sin’
& —/3siNX + cosX = Sin2X + /3 (1 - 2sin)
= sin2x + /3 cos2x
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& -—9NX+—=C0SX = =Sin 2X + —C0S2X
2 2 2 2

) 5r . 5t . T LT
= smx.cos€+cosx.smEzsm2x.cos§+0032x.sm 5
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& 9n| X+— |=9n| 2X+—
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x+5—n:2x+3+m2n
6 3

X+5—T[:7'c—2x—£+n27'c
6 3

—x:—E+m2n X:E—mZn
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T
X=——+N2n X=——+N—

KEt hop véi dkxd ta c6 ho nghiém clapt la

X = —%+n2§(ne¢)

2.Pkxd: 6-5x>0< xsg *)

(v=20)= 3

o lu=33x-2 (u=3x-2 [2u+3v=8 V=8_2u
bat =4 ., =
Vv =+6-5x [v?=6-5x |5u’+3v’=8

= 15u°+64—32u+4u”-24=0

5u® +3v? =8



< 15u° + 4u®-32u+40=0
< (u+2)(15u° - 26u+20)=0
u=-2
&
15u°-26u+20=0 von,doA'=13*-15.20<0
S uU=-2=x=-2(tm).
Vay phuong trinh cé tap nghiém la S={-2}
Cau lll.
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Taco: I, = Icoszx.dx :EJ' (1+cos2x).dx = l(x +Lin 2xj 2==C
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Mat khac xét 1, = J'cosf’x.dx =J cos*x.cosx.dx
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Caulv.
Vi (SBl)va (SCl)vudng goc voi (ABCD) nén Sl L (ABCD) .
Taco IB=a/5;BC=a5;IC=a+2;

3a./5

Ha IH L BC tinh dwoc IH :T;

Trong tam gi&c vudng SIH ¢6 SI=1H tan60° :3aT\/1_5.

Saeco = Saeep + Seee = 2a° +a®=3a® (E la trung diém cla AB).

3
v-ls, s-la 315 _3a°V15.
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Cau V.

TU gia thiét ta co:

X2+ Xy + Xz = 3yz < (X + Y)(X + 2) = 4yz
bata=x+y vab=x+z

Taco: (a-b)?=(y-z)*vaab=4yz

Mt khac

a+b’=(a+b) (a®-ab+h)?

< \J2(a’ +b%) | (a~b)’+ab |

= 2[(a-b)*+2ab]| (a-b) +ab|

:\/2[(y_z)2+2y2][(y_z)2+4yz}

- \/2[(y+z)2 +4yz] (y+z)’

<Ay +2)? (y+z)2 =2(y+2)* (1

Talai co:
3(x +y)(y +2)(z + X) = 12yz(y + 2)

<3y+2)°.(y+2)=3(y+2)° @)
Cong tirng VE (1) va (2) ta cé diéu phai chirng minh
Cau Vvl .a

1. Goi N la diém doi xirng véi M qua I, F la diém doi xing voi E qua l.



D E N c
TacoN €DC,F €AB, IE LNE.

Tinh dwge N = (11; -1) .
Giaslr E = (x; y), ta co:

IuE:(x—G;y—Z); Ll<|ui§:(x—11;y+1).

IE. NE =x2— 17x + 66 +y?~y—-2=0 )
EeA=x+y-5=0. 2

Giai hé (1), (2) tim dwgc X1 = 7; X2 = 6.
Tuwong ing cdy:1 =-2;yo =-1=E; =(7; -2); E» = (6; -1)
Suy raFy = (5; 6), F2=(6; 5).
Tl d6 ta c6 phuong trinh duong thdng AB lax —4y + 19=0hodcy =5 .
2. Mat cau co tam 1(1;2;3) ban kinh R=5

Khoang cach tir tam | dén mp (P) la

21-22-3-4
d(l;(P)) = | Tail |=3.
Vi d(I;(P)) <R nén (P) cat (S) theo dudng tron.
Goi H lahinh chiéu clia | trén (P) thi H 1a giao clia mp(P) véi dudng thang qual,

vudng goc vai (P). Dé dang tim duoc H= (3;0;2).

Ban kinh dudng tron 1& VR? —1H? =4.

CéauVll.a

Phuong trinh: 2+ 2z +10=0
Tacd: A'=(-1)-10=-9 = (3i)?
nén phuong trinh c6 hai nghiém I&

z1=-1-3ivaz,=-1+3i



2= (1)? + (32 =10
a

Suyr .
2] = (- + (3)* = 10

Vay A= |z,[ +|z,[ =10+10=20

Chuwong trinh nang cao
CauVl.b

1L (O): (x+2)2+(y+2)% = (\2)?
Puong tron (C) c6 tam 1(-2;-2); ban kinh R =~/2
A x+my-2m+3=0
Goi H lahinh chiéu clta I trén A.
e DE Acit duong tron (C) tai 2 diém A,B phan biét thi: IH<R

2 2 2 2
e Khido SA,AB:%IH.AB:IH.HASIH +HA :'A2 :R?:

= (Syas )., =1 khi IH=HA =1 (hién nhién IH <R)

1

[1—4m| > .
= =1 1-4m|= Vm°+1< 1-8m+16m°=m“+1
Jm?+1 | |

m=0
<15m*-8m=0< 8

m=—

15
Vay, c6 2 giatriclamthéamanyéucaula m=0vam= %

2. Gid st M(ab;c) ladiém can tim.
a+l b c+9 a=b-1
= —= -
1 6 c=6b-9
e Khoang cach tlr M dén mp (P) l&
la-2b+2c-1 fi1b—20|
VI +(-2)%+2° 3
e Goi (Q) lamp quaM vavudng goc voi A,, taco:
N =Uas, =(21-2)
=(Q):2(x—a)+1l(y-b)-2(z-¢c)=0
Hay (Q): 2x+y—-2z+9b-16=0
Goi H lagiao diém cla (Q) va A, = Toadd H langhiém cla hpt:

e ViMeA nén:

d=d(M;(P)) =




2X+y—-2z+9b-16=0
Xx-1 y-3 z+1
2 1 =2
— H(-2b+3,-b+4;2b-3)
— MH? = (3b—4)%+ (2b—4)* + (4b—6)* = 29b*> —88b + 68
Y éu cau bai toan trg thanh:
MH? =d?

9\ 2
o 29b? _83h+ 68= P —20)"

< 261b% — 792b+ 612 = 121b? — 440b + 400
< 140b%-352b+212=0
< 35b%>-88b+53=0

b=1
=N
p=23
35
Vay co 2 diém thod man la: M(0;1;-3) vaM 1—85—33
35 35 35
Céau VIl b.
2 2
pidu kién {X 0 L o
xy >0

Viét lai hé duwéi dang:

{Iogz(x%yZ):Iogz(zxy) o j X2 +y? = 2xy

3y 23 (X*—xy+y?=4
— 2:0 X =
& (x=y) <:>{[ , y < (XY)e{(2,2);(-2-2)}: théa man
X —Xy+y* =4 |X* =4
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